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Abstract
Hermite , . ,
, , .
1 Hermite
$\varphi(x)$ $f(x)$ $q(x)$ , $r(x)$ ,
$\varphi(x)=q(x)f(x)+r(x),$ $\deg r(x)<\deg f(x)$
. , $\varphi(x),$ $f(x)\in K[x|,$ $K=\mathbb{Q},$ $Z=\{x\in \mathbb{C}|f(x)=0\}$ . , $r(x)$ , $Z$
, $Z$ $\varphi(x)$ , $Z$ $\varphi(x)$ . ,
.
1.1 $f(x)=(x-\alpha)(x-\beta)$ .
$r(x)$ 1 , $r(x)=Ax+B$ .
$\varphi(a)=r(\alpha)=A\alpha+B,$ $\varphi(\beta)=r(\beta)=A\beta+B$ ,
$r(x)=\ovalbox{\tt\small REJECT}_{=x}\alpha\alpha\beta+\alpha$ $\pm$ \alpha .
12 $f(x)=(x-\alpha)^{2}$ .
$\varphi’(x)=q’(x)(x-\alpha)^{2}+2q(x)(x-\alpha)+r’(x)$ , 1J ,
$r(x)=\varphi’(\alpha)x+\varphi(a)-\alpha\varphi’(\alpha)$ .
, $\varphi(x)$ , $r(x)$ $R$ .
$R:K[x]arrow K[x]$
, .
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1.3 (Hermite )
$R( \varphi)(x)=r(x)=\frac{1}{2\pi\sqrt{-1}}\oint\frac{f(y)f(x)}{yx}=\frac{1}{f(y)}\varphi(y)dy$ .
$f(y)-f(x)$ $y-x$ , $\angle(u_{y}\llcorner=_{x}\Delta^{x}\lrcorner$ . , $\ovalbox{\tt\small REJECT}=xyx=$










, 11 – .
2
$[ \frac{h(x)}{f^{p}(x)}]=\frac{h(x)}{f^{p}(x)}+K[x]$
, $\mathrm{H}_{[Z]}^{1}(K[x])$ , $[;_{\iota x}*_{x}]$ $\oplus_{x}^{;_{\iota x}}$






$\mathrm{E}\mathrm{x}\mathrm{t}_{\mathrm{K}[x]}^{1}(K[x]/\langle f^{\ell}(x)\rangle, K[x])\underline{\simeq}\{[\frac{h(x)}{f^{p}(x)}]\in \mathrm{H}_{[Z]}^{1}(K[x])|h(x)\in K[x]\}$ .
$K[x]/(f^{\ell}(x)\rangle$ $\{[h\mathrm{a}\mathrm{e}_{x}x] \in \mathrm{H}_{[Z]}^{1}(K[x])|h(x)\in K[x]\}$
pairing . pairing , .




, $f(x)$ [ $\kappa\not\simeq x\#\mathrm{y}|$ $x$ , [ $\kappa\star$xy#]=\Sigma f[ ]xi
, $K[x]/\langle f(x)\rangle$ $\{1, x,x^{2}, \ldots,x^{fn-1}\}$ ,
$\{[\frac{\kappa_{0}(x)}{f(x)}], [\frac{\kappa_{1}(x)}{f(x)}], \ldots, [\frac{\kappa_{ln-1}(x)}{f(x)}]\}$
. , $a:(x)=\kappa:(x)f’(x)^{-1}\mathrm{m}\mathrm{o}\mathrm{d} f(x)$ , $[\mathrm{f}\mathrm{f}_{\nu}|=[\ovalbox{\tt\small REJECT}_{f\nu}^{-\iota}\prime\prime\kappa_{i}(y)]=a:(y)[\mathrm{a}\mathrm{e}_{y}]$
,
$\{a\mathrm{o}(x)[\frac{f’(x)}{f(x)}], a_{1}(x)[\frac{f’(x)}{f(x)}], \ldots, \emptyset m-\iota(x)[\frac{f’(x)}{f(x)}]\}$
.
, ,
$r(x)$ $=$ $. \sum_{1\approx 0}^{\deg f-1}\{\frac{1}{2\pi\sqrt{-1}}\oint 4(y)[\frac{f’(y)}{f(y)}]\varphi(y)dy\}x^{:}$
$=$ $. \cdot\sum_{=0}^{\mathrm{d}\epsilon ef-1}\sum_{\alpha\in Z}a_{\dot{*}}(\alpha)\varphi(\alpha)x^{:}$
.
4 Noether
$f(x)$ , $f^{\ell}(x)$ . Hermite ,
$r(x)= \frac{1}{2\pi\sqrt{-1}}\oint\frac{f^{\ell}(y)f^{\ell}(x)}{yx}=\frac{1}{f^{\ell}(y)}\varphi(y)dy$
, . .
4.1 (Noether ) $[’\iota\oplus_{x}x]$ , $\ell-1$ $L$ ,
$[ \frac{h(x)}{f^{\ell}(x)}]=L[\frac{f’(x)}{f(x)}],$ $L=. \sum_{*-0}^{p-1}(-\frac{d}{dx})^{\ell-1-:}a:(x),$ $a:(x)\in K[x]/(f(x)\rangle$ .
. Noether .
Noether [1, 2, 3] . , ,
,




, L \succeq \triangle \cong $= \sum_{i=0}^{(\mathrm{d}\mathrm{e}\S f)\ell-1}\kappa|(y)x^{i}$ ,
$r(x)$ $=$ $\sum_{i=0}^{(\deg f)\ell-1}\{\frac{1}{2\pi\sqrt{-1}}\oint\frac{\kappa_{*}(y)}{f^{\ell}(y)}.\varphi(y)dy\}x^{i}$





$r(x)$ $=$ $\sum_{:\infty 0}^{\ell-1}\{\frac{1}{2\pi\sqrt{-1}}\oint\frac{h(x,y)}{f^{:+1}(y)}\varphi(y)dy\}f^{1}(x)$
$=$ $\sum_{1=0}^{p-1}\{\frac{1}{2\pi\sqrt{-1}}\oint L_{l}[\frac{f’(y)}{f(y)}]\varphi(y)dy\}f^{i}(x)$
$=$ $\sum_{1=0}^{\ell-1}\{\sum_{j\approx 0}^{\mathrm{d}\epsilon\epsilon f-1}\sum_{a\in Z}(L:\varphi)(\alpha)x^{j}\}f^{1}(x)$ (2)
, $f$-adic .


































$\frac{\kappa_{P}(x,y.)}{f_{\iota}^{\ell_{1}}(y)f_{l}^{p_{l}}(y)\cdot\cdot f_{n^{n}}^{p}1\nu)}$ , 4
2
$Z=\{x|f(x)=0\}$ [7 ] ,
$[ \frac{1}{f(x)}]=\sigma_{f_{1}}+\sigma_{f\mathrm{z}}+\cdots+\sigma_{fn}$
. , $\sigma_{f1}\in \mathrm{H}_{[Z_{J}]}^{1}‘(K[x])$ $\mathrm{z}_{f}‘=\{x|f:(x)=0\}$ .
$\sigma_{f}‘=S_{f}t[.\mathrm{f}\mathrm{f}\mathrm{l}_{x}^{x}’]$ $S$ , $T_{f\ell}=\kappa_{f}$ ( $x$ ,y)S ,









, , $[ \hslash\ovalbox{\tt\small REJECT}_{y}^{x}]=[n\star_{zy}x,\mathrm{y})]+[\frac{\kappa_{f_{1}}(x.y)}{f_{1}\mathrm{t}\nu)f\mathrm{z}\mathrm{t}\nu)}]f_{2}(x)$
$\frac{1}{f_{1}\mathrm{t}\nu)f\mathrm{a}(\nu)}=\not\simeq_{\mathrm{t}}\mathrm{c}_{1}(\neg_{\nu}y)+\lrcorner_{l(\mathrm{g}}^{\mathrm{c}_{f2(y)}}$ , Hermite ,
$r(x)$ $=$ $\frac{1}{2\pi\sqrt{-]}}\oint[\frac{\kappa_{f_{2}}(x,y)}{f_{2}(y)}]\varphi(y)dy$
$+ \{\frac{1}{2\pi\sqrt{-1}}\oint[\frac{\mathrm{c}_{f_{1}}(y)\kappa_{f_{1}}(x,y)}{f_{1}(y)}]\varphi(y)dy+\frac{1}{2\pi\sqrt{-1}}\oint[\frac{\mathrm{c}_{f_{2}}(y)\kappa_{f_{1}}(x,y)}{f_{2}(y)}]\varphi(y)dy\}f_{2}(x)$
$=$ $\mathrm{d}\circ\epsilon f-\iota\sum_{1=0}^{2}a:,\kappa_{f_{2}}(\alpha)\varphi(\alpha)x^{i}+\{\sum_{i=0}^{\epsilon f\iota-1}a_{i,\mathrm{c}_{f_{1}}\kappa_{f_{1}}}(\alpha)\varphi(\alpha)x^{\dot{*}}+\sum_{i\sim 0}^{\mathrm{d}\circ\epsilon f_{1}-l}\mathrm{d}\epsilon a:,\mathrm{c}_{f_{l^{\hslash}}f_{1}}(\alpha)\varphi(a)x^{i}\}f_{2}(x)$
. $\mathrm{m}$ .
51 $f(x)=(x^{2}+1)^{2}(x^{\theta}-x-1)$ .










$Z_{1}=\{x|x^{2}+1=0\},$ $Z_{2}=\{x|x^{\theta}-x-1=0\}$ , ,
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